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REFERENCE Rudolf—E.Hoffmann, Continuous posets: Injective hull
'and MacNeille completion, manuscript
(to be circulated, I hove soon, via the informal
Proceedings of the second workshop on continuous

lattices and continuous posets, Bremen, May 8-10,1981)

In [H] 3.14 it was shown that the continuous posets endowed
with their Scottitopology are precisely those sober spaces which
have an injective hull in the categ9ry 20 of To-spaces and
continuous maps (or, equivalently, in the category Sob of sober
spaces and continuous maps). The injective hull is,.on the ’
level of the specialization order, a join-dense completion of

a continuous poset iﬁto a continuous lattice. On the other
hand, M.Erné ([E1]p.54) has provided an example of a continuous
poset whose MacNeille completion (object) fails to be a con-
tinuous lattice. Recall that the MacNeille completion is

the smallest completion of a poset contained in every other
completion. Some of the concepts used below have been intro-
duced by M.Erné in [E,],[E,]: '

For a poset (=partially ordered set) P the following conditions
(a) ,(b),(c),(d),(e) are equivalent: (a) P is up-complete and
for every pepP, -fx € Plx«*pi is non-empty and up-directed

with supremum p (where a <<xb iff whenever the normal

ideal, or "cut", generated by a Frink ideal F of P contains b,
then F contains a - cf.[E1]p.48). (b) P is a continuous poset and
a éK* b in P is equivalent to a <«b. (¢) P 1is a continuous
poset and the MacNeille completion e:P<3M (consisting of

the normal ideals of P) enjoys the following properties: M

is a continuous lattice and e:GP,Gb)——»(M,Gh) is an gmbeddiné
with regard to the Scott topologies Gb and GM of P and M,
respectively. (d) P is a continuous poset and the injective

hull (P,d-)a_>(L,6L) in the category T of T ~spaces and
Published by LSU Scholarly Repository, 2023 ; 1



Seminar on Continuity in Semilattices, Vol. 1, Iss. 1 [2023], Art. 63

Auewrsn o oyiqndey [easpald
Uduweag oogy

uswalg 3IRIFSIBATUN
JAT3euwdylen yoiaaaquoeyd
uuemyJoH" " J- "y

. *au
03 93Tam Arw ‘pajIngiIISTp ©1v SHUTPOSDOIJ PIUOTIUSBW 3AOdR
8yl axojeq ‘3jdraosnuew 3yl jo Adod ® Ul pPa3ISsIIJUT BU0AUY

“Log-gez "da .ﬁmmu tUT UOTSISA PBsSTALY ° (LL61)
Jufadaig *90T733e] SNONUFIUOD B JO UOTIOU §,3300§

JO uoT3ezZI[RIDUSDL pUR UOTIRATIOW Y :°*5HfAysmodiaen W
- T 8GL-G2L
*dd .ﬁmmu,“cH *saoeds I9(O0s aarjoaloag :°d-°y ’uurwyjoy H
£ 1

*96-19°dd’ [g] :uy -11‘s3e®s pexspio Arietiaed
uy Abotodol 33005 pue 9ousbHIBAUOD 3FOOG W/ ouayg Nm

.ow|m¢.mm.~mm~ Ul °s8DT33e[ sSnonufluod jo
3d20uUod 3y} JO UOTSUIIXS JURTIRAUT-UOTIDTAWOD W 9uag —m

‘086l ‘MIA0X MON-DISQIOPTOH-UTTIOY :belasp-Tobutadg
"§92733®T sSnonuyluo) jo wnjpusdwol ¥ :3300§°§°Q pue
SAOTSTHW'W ‘UOSMeTI ("L ‘TAWSY"Y * UUBPWIOH'H 'Y ‘°*9H‘zIafH o)

*1861 ‘3X0X MON-BISQIOPTOH~UTTASY :1/8 YIPW UT SOION -
9IN3097 ‘bRTIBN-IVHUTIAS "gLE| UswWRAg ‘°*D0Ig °SODFIFerT
SNONUTIUCD :(°pPa) UUPWIJOH'F-°¥ PuR °*g‘I}SMayoseueg  Hyg

:Aydeibor19Td

(* ®saoqe pa3jaodex g zo

UoTITAWod STTISNORK SYy3 Jo Apnas ayl uf TejusunI3suy uaaq
Sey STyL) "9INSOIO 3005 Swes 8Y3l butary 03 pIAebax YITM
Tewtuiw °zTA ‘ (I9pI0 uvoTIeZITRIOSdS S| UT X JO ‘-dsex)

d 3O STespPT YUTId ,[eWTUfW, JO SULI9} UT ST YOTym USATH

ST (TINY @a130aluy ue y3fm ¥ mommmloa ¥ JOo xayjea i10)

d 39sod snonuijluUOd B JO TINY SATIOBLUT SYI JO UOTILIUSSOI
-dax MaU ® ‘3I0UILBYIANG - *38%0d SNONUTIUCD ® 8q 03 syies

d JT uU®A® ‘®D0F33E] SNONUFIUOCD m,on Aew g 3esod aj3stdwon
-du ue jo 308fqo uof3lSTdWOD STTFONORW 943 Iyl umoys ST 3T
~v0m.mmgmv Aysmoxaen'n 03 anp srduexa ue Aq ‘puey I9ylo aylx uQ
- °®0T733e] SnonuUfluUCd © ST W IT USAD .OH Azobejeo syl ug
Amu~mv 3O I1ny aa130alul 8yl Jo buippeque-IapIo BufAiaspun
Y3 8q 3Jou poduU ¢ 39S0d SNONUTIUOD B JO K% g uoyierdwod
STTTSNO®W 243 3Jeyl ‘usyl ‘uaes ST 3T Amm.m_wmuv QUIY W 03 8up
‘o1durexs ue Ag I.HQMmo~01uuoom Af{buoials st 38s pasolo-3300g
A1oae ‘ArjusTeatnbe uow.amv.mmpmu.uo - )M Ul paute3juod s§ g
Ut 4 Aq pejeisusb TROpPT TeUIOU Y3 USY3 ‘) U PauUTeIUOD g
JO TeOPT qUTXJ ® ST 4 A9A3ULYM IBYJ UYOns J JO 3IBS JamoT
B ST 4 3O X 3I9sqns paso[d-3300g ATbuolals e) pPasolo-33008
A1buoils sT g jJo s3josqns pesSO[D-3300S A1buoalzs jo gaqunu
937UTy Aue Jo UOFUn ayl pue ‘(d> o 2wos 03

nuvv D pue O _>>® usayy'q ujg n«vv ' X3A9uUByM ‘o)

X

d ur sejejodasijug «v? ‘90733V] SNONUTIUOD ® ST g JO K

3oolqo uoyistdwon oT[TeNORNW @Yy} ‘3osod SNONUTRUOd ® ST g (9)
*d 3O UOT3ISTdwoD BTTTONORW Sy} S90npuf sdew SNONUTIUCD

https://repository.lsu.edu/scs/vol1/iss1/63



	SCS 62: Continuous Posets: Injective Hull and MacNeille Completion
	Recommended Citation

	tmp.1677615714.pdf.tLVOX

